Recently, Sofonea (Gen. Math. 16:47-54, 2008) considered some relations in the context of quantum calculus associated with the q-derivative operator D q and divided difference. As applications of the post-quantum calculus known as the (p, q)-calculus, we derive several relations involving the (p, q)-derivative operator and divided differences.
Introduction
The quantum calculus has many applications in the fields of special functions and many The (p, q)-number is given by 
and the (p, q)-factorial given by
are also known from [] and [] . Further, the (p, q)-analogs of Pascal's identity are given by
. , n} (cf. [] and []).
Let p and q be elements of complex numbers and
Here, in this investigation, we give the following two definitions which involve a post-quantum generalization of Sofonea's work [] .
provided that the function f is differentiable at . We note that
hold true for the linear operator D p,q (cf.
[]). The divided differences at a system of distinct points x  , x  , . . . , x n are denoted by [x  , x  , . . . , x n ; f ]. In fact, we have (see [] and
In the next part of the paper, we obtain some potentially useful results and relations between the (p, q)-derivative operator and divided differences. The results presented here provide a good generalization of the above-mentioned Sofonea results.
Main results
Let us consider the points
as follows:
We now state the following theorem.
Theorem  Let p and q be complex numbers with
 < |q| < |p|  and f : D p,q → C.
Then, by taking the knots x k
Proof For  l < k, we have
and, for k < l n, we find that
we have the following consequence from (.):
Therefore, the proof of Theorem  is completed.
By using the following expressions:
we now give a representation of the operator D n p,q as in Theorem  below.
Theorem  Let the function f
Proof Theorem  is proved by making use of the following results:
Continuing this process, we deduce
by using the following formula:
It follows from Theorem  that
which completes the proof of Theorem .
In the case when
in Theorem , we get the following corollary.
Corollary  The following result holds true:
We now consider the (p, q)-analog of the Leibniz rule to represent it by means of the divided differences. First of all, we need to get the (p, q)-analog of the Leibniz rule by the following lemma.
Lemma Let the functions f
Proof The lemma can easily be proved by applying the principle of mathematical induction. We, therefore, omit the proof of the lemma.
We now state the (p, q)-Leibniz rule by using divided differences as follows. 
